
 

 

 
 

(36)  11.1 11.2   Calculus with parametric curves 
 

Example 1 31  August  2008 A

                      A curve C is given by the parametric equations 
ݔ  = sin ݐ + cos ݐ       and       ݕ = sin ݐ − cos ݐ ,      where        − ߨ ≤ ݐ ≤                 .ߨ

 

             (a)  Find the points ܲሺ ݔ ,  .ሻon C where it has horizontal or vertical tangent lines ݕ
             (b) Find the length of the curve C 

Solution     ݔ = sin ݐ + cos ݐ݀ݔ݀ ݐ = cos ݐ − sin  ݐ

ݕ = sin ݐ − cos ݐ݀ݕ݀ ݐ = cos ݐ + sin ݉                                            ݐ = ݐ݀ݕ݀  = ݐ݀ݕ݀ ÷ ݐ݀ݔ݀  =  cos ݐ + sin cosݐ ݐ − sin .ܪ  ݐ ݐ݀ݕ݀   ܶ = 0      , ݐ݀ݔ݀  ≠ 0 
 cos ݐ + sin ݐ = 0 sin ݐ =  − cos tan ݐ ݐ = ߙ 1− =  4ߨ
 2  4 ݐ  = ߨ − ߙ = ߨ − 4ߨ = 4ߨ3 ݐ  = ߙ− =  ߨ−

 at   ݐ = 4ߨ3 ௧ୀଷగସ|ݔ  = sin ൬34ߨ ൰ + cos ൬34ߨ ൰ = 1√2 + −1√2 = ௧ୀଷగସ|ݕ      0 = sin ൬34ߨ ൰ − cos ൬34ߨ ൰ = 1√2 − −1√2 = 2√2 =  √2 

 at   ݐ = − ௧ୀିగସ|ݔ 4ߨ = sin ቀ−4ߨ ቁ + cos ቀ−4ߨ ቁ = − 1√2 + 1√2 = ௧ୀିగସ|ݕ 0 = sin ቀ−4ߨ ቁ − cos ቀ−4ߨ ቁ = 1√2 − 1√2 = −2√2 =  −√2 

 ∴ H. T at      ൫0, √2൯  , ൫0, −√2൯      
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Homework 
 

1 
Find the length of the curve whose parametric equations are  ݔ =  12 ݁ଶ௧      ,     ݕ =  13 ݁ଷ௧ , ln √2 ≤ ݐ ≤ ln √8. 15  May  1999 A

2 

 Let  C  be a curve given parametrically by  
ሻݐሺݔ   = ݁௧ cos ݐ ሻݐሺݕ      ,    = ݁௧ sin ݐ , 0 ≤ ݐ ≤  ߨ2
 

(a)   Find the points on  C  at which the tangent line is vertical     
(b)   Find the length of C  

16  December  1999 A

3 
Let C be the curve with the parameterization : 
ݔ          = ݕ    and   ݐ2 = cosh ݐ  , ݐ ∈ ሾ 0 , ln 2 ሿ .  
 Find the length of C. 

18  July  2000

4 
Find the length of the curve C given by 
ݔ  = ଶݐ  cos ݐ        , ݕ         = ଶݐ sin ݐ ; 0 ≤ ݐ ≤ May  2001  19 .ߨ2

5 

Let C be the curve given by the parametric equations 
 
ݔ  = 2 sin ݐ + sin ݕ     ,  ݐ2 = 2 cos ݐ + cos 0      ,ݐ2 ≤ ݐ ≤  .ߨ2
 
        (a)  Find the length of C. 
        (b)  Find all point on C where the tangent line is horizontal. 

31  December  2003 

6 
Find the length of the curve that has parametric equations ݔ =  15 ݕ                   ହݐ = 14 ସݐ 0 ≤ ݐ ≤ 1 

22  June  2004 A

7 

A curve C  is given parametrically by 
ݔ                = ሺݐଶ + 1ሻ݁௧   and  ݕ = ሺݐଷ +  .ଶሻ݁௧ݐ2
(a)  Find the points ܲሺ ݔ ,  .ሻ where the tangent is vertical ݕ
(b) Determine whether C is concave upwards or downwards 
       at   ݐ =  0 

27  June  2006 A

8 

(4+4+2 pts. ) Let ܥ be the curve given by the  parametric 
equations   ݔ = ݐ − sin ݐ ݕ    , = 1 − cos ݐ               ;         0 ≤ ݐ ≤  2ߨ
      (a) Find the length of ܥ 
      (b) Find the area of the surface obtained by rotating ܥ 
             about the ݔ −axis 

      (c) Find  
ௗమ௬ௗ௫మ 

38   Jan. 22, 2011
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